In this paper, among other things, we shall show that a function $f(z)$ in $\sum_{p}$ , which satisfies one of the conditions ${\rm Re} \{\frac{z(D^{n+p-1}f(z))'}{D^{n+p-1}f(z)}\}<-\alpha(z\in U=\{z;|z|<1\})$ , ( In proving our main results, we shall need the following lemma due to Jack [3] .
Lemma. Let $w$ be non-constant regular in $U=\{z : |z|<1\},$ $w(0)=0$ . $If|w|$ attains its maximum value on the circle $|z|=r<1$ at $z_{0}$ , we have $z_{0}w'(z_{0})=$ $kw(z_{0})$ , where
is a real number, $k\geq 1$ .
We have to show that (2.1) implies the inequality
Clearly, $w(z)$ is regular and $w(O)=0$ . Using the identity
the equation (2. 3) may be written as
(2.5) where $|w(z_{0})|=1$ and $k\geq 1$ . The equation (2.6 ) in conjuction with (2.7) yields $\frac{z_{0}(D^{n+p}f(z_{0}))'}{D^{n+p}f(z_{0})}=-\frac{p+(2\alpha-p)w(z_{0})}{1+w(z_{0})}+^{2(p-\alpha)kw(z)}\ovalbox{\tt\small REJECT}^{0}(1+w(z_{0}))(n+p+(n+3p-2\alpha)w(z_{0}))$ (2.8) Taking $c=n+p$ in the above relation (2.17), we obtain $D^{n+p-1}f(z)=D^{n+p}F_{+p}(z)$ . (2.18) This implies that $F_{n+p}$ belongs to the class $M_{n+p-1}(\alpha)$ .
Theorem 4 Let $F_{c}(z)\in M_{\mathfrak{n}+p-1}(\alpha)$ and let $f(z)$ be defined as (2.11). Then
Proof. Since $F_{c}(z)\in M_{n+p-1}(\alpha)$ , we can write 
